Let F1(t), F2(t), . ., F,(t), . . be a sequence of distribution functions, and let 
) the function Vo*(eiG) coincides with -y(O). Thus the proof of (2) is complete.
Since, as seen from the formula for (Pn(Z), all the quantities 'on(iy) are positive for y > 0, the quantity p(iy) = lim Vpn(iy) is nonnegative. On account of (2), we have po(iyo) > 0 for all yo small enough. Let us fix such a yo and let us consider the nonnegative and nondecreasing functions (3) Gn (t) = (i) f e -uuodFn (u) [thus G"(t) = 0 for t < 0]. As seen from the formula defining V,,(z), the characteristic function l'n(x) of Gn(t) is AextdGn (t) = .
-e ixt e-'?odFn (t) -_n (X +iyO) fo rOn UYo(t)0Pn t (yo) 1. =n(°) = f; dG. (t) it follows that the G. are distribution functions. We know that the functions ,P.(x) = pO.(x + iyo)/'pn(iyo) converge uniformly over any finite interval of the variable x. Hence the functions Gn(t) converge to a distribution function G(t) at the points of continuity of G.
From (3) we see that
The right side here can be written (P. (iyo)l et8oG. (t) -yoJ euyo&Gn (u) du Hence the functions F,,(t) tend to a nondecreasing function F(t) at every point t at which G is continuous, and
From this formula we see that the points of discontinuity of F are the same as those of G. It remains to show that F is a distribution function, that is that (S) F (+-) -F(-) = 1. That the left side here is _ 1 is obvious since 0 _ Fn(t) _ 1 for all n. Observing that both F and G vanish for t < 0, we deduce from (4) that
Taking first a large, and then yo small, and using (2), we find that F(+ 0a) -F(-O) _ 1, which gives (5). This completes the proof of the theorem. Remark 1. The theorem can be extended to nonnegative random variables in the k-dimensional space Rk. The requirement is that the characteristic functions ,pn(x1, . .. , xk) converge in the neighborhood of (0, . .. , 0) to a function continuous at that point. The In the proof given above it is therefore enough to take for X(r) the function mapping the latter strip onto the unit circle I _ 1 and consider only the values of yo sufficiently small (yo < e).
